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Abstract

This paper presents a novel synthesis connecting three seemingly disparate symbolic and
mathematical systems: the Kabbalistic Tree of Life (Etz Chaim), the Tarot's Major Arcana, and
Homotopy Type Theory (HoTT). Through systematic analysis, we demonstrate that the 22 paths of
the Tree of Life, corresponding to the 22 Hebrew letters and the 22 Major Arcana cards, exhibit
structural isomorphisms with fundamental constructions in HoTT. Specifically, we show how the
archetypal journey from Ein Sof (infinite nothingness) through the ten Sefirot maps onto both the
Fool's Journey in Tarot and the constructive type-theoretic framework of identity types, path spaces,
and homotopy equivalences. This correspondence suggests that ancient mystical systems may have
encoded deep insights about the mathematical structure of transformation, identity, and becoming
that modern type theory has only recently formalized. We provide detailed mappings for each of the
22 Major Arcana, their Kabbalistic correspondences, and their type-theoretic interpretations,
offering a unified framework for understanding spiritual, symbolic, and mathematical paths of
transformation.
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1. Introduction

1.1 The Problem of Correspondence

Throughout human history, symbolic systems have emerged across cultures that purport to describe
fundamental aspects of reality, consciousness, and transformation. The Kabbalistic tradition,
emerging from medieval Jewish mysticism but with roots extending to ancient Gnostic and
Hermetic sources, presents the Tree of Life as a map of divine emanation and spiritual return. The
Tarot, originating in 15th-century Italy as a card game but later adopted by 18th and 19th-century
occultists as a tool for divination and self-knowledge, presents 22 archetypal images of the human
journey. Meanwhile, in the 21st century, mathematicians and computer scientists have developed
Homotopy Type Theory (HoTT), a revolutionary foundation for mathematics that treats
mathematical objects as spaces and mathematical equality as paths between points in those spaces.

At first glance, these three systems—mystical, symbolic, and mathematical —appear to operate in
entirely different domains with incompatible methodologies. However, a careful structural analysis
reveals profound correspondences that suggest they may be describing the same underlying patterns
of transformation and identity from different perspectives. This paper documents these
correspondences in detail and argues that they are not merely coincidental but reflect deep structural
truths about the nature of process, change, and becoming.

1.2 Homotopy Type Theory: A Brief Overview



Homotopy Type Theory represents a convergence of several mathematical traditions: Martin-Lof's
intuitionistic type theory, abstract homotopy theory, and higher category theory (Univalent
Foundations Program, 2013). The key insight of HoTT is that types can be interpreted as spaces,
terms as points, and the identity type (propositions asserting equality between terms) as path spaces
between points. This interpretation, known as the homotopy interpretation, was first rigorously
developed by Awodey and Warren (2009) and independently by Voevodsky (2006).

The crucial innovation of HoTT is the univalence axiom, introduced by Vladimir Voevodsky, which
states that equivalent types can be identified (Voevodsky, 2015). More formally, for any types A and
B, the canonical map from the identity type (A =_U B) to the type of equivalences (A = B) is itself
an equivalence. This axiom captures the mathematical principle that isomorphic structures should
be treated as identical, a principle mathematicians have long used informally but which classical
set-theoretic foundations cannot properly formalize.

In HoTT, we can distinguish between different "homotopy levels" or h-levels:

e  h-level -2: Contractible types (unique point with no structure)

*  h-level -1: Propositions (at most one inhabitant)

e h-level 0: Sets (discrete types with no higher structure)

e h-level 1: 1-groupoids (types with paths but no higher paths)

e  h-level n: n-groupoids (types with structure up to level n)

e h-level : General types (potentially infinite higher structure)
This hierarchy provides a formal framework for distinguishing between different "degrees of
sameness" or levels of structural identity, a concept that, as we shall see, has profound resonances
with both Kabbalistic and Tarot symbolism.

1.3 The Kabbalistic Tree of Life

The Kabbalistic Tree of Life (Etz Chaim) consists of ten Sefirot (singular: Sefira), divine
emanations or attributes, connected by 22 paths. The Sefirot represent stages in the process by
which Ein Sof (the infinite, unknowable divine essence) manifests in the created world. The
traditional ordering, from highest to lowest, is:

Kether (Crown): Pure existence, the first stirring of will
Chokmah (Wisdom): Primordial creative force, expansion
Binah (Understanding): Form-giving principle, contraction
Chesed (Mercy/Loving-kindness): Expansive generosity
Geburah (Severity/Strength): Restriction and judgment
Tiferet (Beauty/Harmony): Central balance and integration
Netzach (Victory/Eternity): Emotional endurance
Hod (Glory/Splendor): Intellectual structure
. Yesod (Foundation): The astral template, imagination
10. Malkuth (Kingdom): Physical manifestation
The 22 paths connecting these Sefirot correspond to the 22 letters of the Hebrew alphabet, as
detailed in the Sefer Yetzirah (Book of Formation), one of the oldest Kabbalistic texts (Kaplan,
1997). Each Hebrew letter carries multiple layers of meaning: a glyph, a sound, a number
(gematria), and a symbolic association. These letters are not merely linguistic units but are
understood as creative forces through which divine energy flows and transforms.
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1.4 The Tarot's Major Arcana



The Major Arcana consists of 22 cards numbered from O (The Fool) to 21 (The World). While the
Tarot's origins lie in medieval playing cards, its adoption by occultists began in earnest with
Antoine Court de Gébelin (1781), who speculated about Egyptian origins, and was systematized by
Eliphas Lévi (1855), who first explicitly connected the cards to the Hebrew alphabet and Kabbalah.
This connection was further developed by the Hermetic Order of the Golden Dawn in the late 19th
century and by Aleister Crowley in his Thoth Tarot (1969).

The Major Arcana are understood to represent the "Fool's Journey" —a metaphorical narrative of the
soul's evolution from innocent potential (The Fool) through various trials, initiations, and
revelations, ultimately arriving at wholeness and cosmic consciousness (The World). Each card
represents both an archetypal force or principle and a stage in psychological and spiritual
development (Nichols, 1980; Pollack, 1980).

1.5 The Correspondence Structure

The correspondence between these three systems can be visualized as follows:
Hebrew Letter < Tree of Life Path < Tarot Card < Type-Theoretic Construction
For each of the 22 paths/letters/cards, we will demonstrate:

The Kabbalistic associations (which Sefirot the path connects)
The Hebrew letter and its symbolic meanings
The Tarot card's imagery, symbolism, and divinatory meanings
The corresponding type-theoretic structure or operation in HoTT
5. The stage in the Fool's Journey and its transformation dynamics
This multi-level correspondence suggests that all three systems are describing the same fundamental
patterns of transformation, differentiation, and reunification that characterize any creative process—
whether divine emanation, psychological individuation, or mathematical construction.
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1.6 Theoretical Framework: Process Philosophy and Zero-Totality

The philosophical foundation for these correspondences lies in what we might call "process
ontology" or "zero-sum cosmology" (Konstapel, 2025). This view holds that reality is not a static
structure governed by eternal laws but an ongoing process constrained by a fundamental principle:
the sum of all existence equals zero (zero-totality). In this framework:

*  Reality emerges from nothing (Ein Sof, The Void, the empty type)
e All differentiation creates complementary opposites that sum to zero
e  Transformation occurs through the reconciliation of opposites
e  Identity is not static but processual —a continuous negotiation between sameness and
difference
This ontology finds expression in:

e  Kabbalah: The emanation from Ein Sof through paired Sefirot (Chokmah-Binah, Chesed-
Geburah, Netzach-Hod)

e Tarot: The archetypal dynamics of opposition and synthesis throughout the Major Arcana

*  HoTT: The constructive generation of types, the distinction between propositional and
judgmental equality, and the possibility of multiple non-equivalent paths between the same
points



In each system, we see the same pattern: a primordial unity differentiates into multiplicity, creating
tension and dynamic structure, which then seeks reintegration at a higher level of complexity. This
is the essential "life-cycle" encoded in all three systems.

2. The Twenty-Two Paths: Detailed Correspondences

Path 1 (11): Aleph — The Fool — The Empty Type

Hebrew Letter: & (Aleph)

Gematria: 1

Meaning: Ox, breath, silent letter representing the divine breath of creation
Path Connection: Kether — Chokmah

Tree of Life Position: The highest path, connecting Crown to Wisdom

Tarot Symbolism:

The Fool (0 or sometimes 22) depicts a youth stepping off a cliff, carrying a small bundle,
accompanied by a white dog. The imagery suggests innocent trust, divine madness, unlimited
potential, and the beginning of all journeys. The Fool contains all possibilities but has actualized
none —they are pure potentiality.

Divinatory Meanings: New beginnings, leap of faith, innocent optimism, unlimited potential,
divine foolishness, spontaneity, freedom from convention, the sacred "not knowing"

HoTT Correspondence:

In type theory, The Fool corresponds to the empty type (L or 0) or, paradoxically, to the unit type
(T or 1), depending on perspective. More precisely, The Fool represents the initial state before any
type-theoretic construction—the moment of pure possibility before formation. In the context of the
univalence axiom, The Fool represents the principle that we can always begin again, that any type
can be transported along an equivalence to a new context.

Type-theoretically, we can represent The Fool as the existence of dependent types themselves —the
very possibility of construction:

Fool : (X : Type) - (X - Type)
This captures the essence of The Fool: given any type (any situation), there exists the possibility of
constructing a new dependent type (a new journey, a new perspective).

Transformation Dynamics:

The Fool's leap represents the primordial differentiation—the movement from Ein Sof (the
undifferentiated infinite) to Kether (the point of will), and from Kether to Chokmah (creative
expansion). In HoTT terms, this is the movement from no type to the possibility of type formation
itself —the ur-construction that makes all subsequent mathematics possible.

The Fool teaches that becoming precedes being — that the willingness to step into the unknown is
the prerequisite for all manifestation. In process terms, The Fool is the system's acknowledgment
that it is not determined, that genuine novelty is possible.

Path 2 (12): Beth — The Magician — Function Types



Hebrew Letter: 2 (Beth)

Gematria: 2

Meaning: House, container, the first letter of the Torah ("Bereshit" - In the beginning)
Path Connection: Kether — Binah

Tree of Life Position: Connecting Crown to Understanding

Tarot Symbolism:

The Magician (I) stands before a table displaying the four suits of the Tarot (representing the four
elements: wands/fire, cups/water, swords/air, pentacles/earth). With one hand pointing to heaven
and the other to earth, the Magician channels divine power into manifestation. Above their head
hovers the lemniscate (), symbol of infinity and eternal recurrence.

Divinatory Meanings: Skill, manifestation, willpower, resourcefulness, "as above, so below,"
channeling higher forces, conscious creation, mastery of the elements, communication between
realms

HoTT Correspondence:

The Magician corresponds to function types (I1-types) in type theory. Given types A and B, the
function type (A — B) represents the principle that we can transform elements of type A into
elements of type B—precisely what The Magician does, transforming spiritual potential into
material reality.

Magician : (A B : Type) - (A - B)
More profoundly, The Magician represents dependent function types:

M(x:A) B(x)

This captures the Magician's ability to adapt the transformation to the specific nature of what is
being transformed. The Magician doesn't apply a one-size-fits-all formula but recognizes that each
situation requires its unique expression.

Transformation Dynamics:

The Magician's path connects Kether (pure will) to Binah (understanding, form). This is the process
by which undifferentiated creative potential takes on specific structure. In type theory, this is the
moment when we specify what types we will work with—when we declare the domain and
codomain of our transformations.

The Magician teaches conscious manifestation —that intention must be coupled with
understanding to produce real effects. The symbol of infinity above the Magician's head suggests
that this capacity for transformation is unlimited, just as in HOTT we can construct arbitrarily
complex function types.

Path 3 (13): Gimel — The High Priestess — Dependent Types

Hebrew Letter: 3 (Gimel)

Gematria: 3

Meaning: Camel (that which carries, sustains), represents the bridge between polarities
Path Connection: Kether — Tiferet

Tree of Life Position: The direct path from Crown to Beauty/Heart

Tarot Symbolism:
The High Priestess (II) sits between two pillars (black and white, labeled B and J for Boaz and



Jachin, the pillars of Solomon's temple). Behind her hangs a veil decorated with pomegranates. She
holds a scroll labeled "TORA" (Torah), representing hidden wisdom. The crescent moon at her feet
indicates her connection to the subconscious and cyclical time.

Divinatory Meanings: Intuition, hidden knowledge, the subconscious, mystery, sacred feminine,
waiting, receptivity, esoteric wisdom, what is not yet revealed, the potential held in darkness

HoTT Correspondence:

The High Priestess corresponds to dependent types (2-types or dependent pair types). A dependent
type is a family of types B(x) that varies depending on the value of x : A. The type 2(x:A) B(x)
contains pairs (a, b) where a: A and b : B(a).

HighPriestess : (A : Type)(B : A - Type) - Type

HighPriestess A B := 2(x:A) B(X)

The High Priestess holds hidden knowledge — she knows not just the individual types A and B, but
their subtle interdependence. She understands that the second component's type depends on the first
component's value, just as she understands that surface appearances conceal deeper realities that
depend on subtle factors.

Transformation Dynamics:

The High Priestess sits between the pillars of duality (the black and white pillars representing Boaz/
expansion/mercy and Jachin/contraction/severity), just as a dependent type bridges between a base
type and the family of types that depends on it. Her path from Kether to Tiferet is the direct line to
the heart—intuition is the fastest route from pure consciousness to integrated understanding.

The veil of pomegranates represents the multiplicity of possible dependent types—for each element
of the base type, there is a potentially different fiber type. The High Priestess teaches contextual
truth —that meaning depends on context, just as B(x) depends on x.

Path 4 (14): Daleth — The Empress — Sum Types

Hebrew Letter: 7 (Daleth)

Gematria: 4

Meaning: Door (opening, transition, threshold)

Path Connection: Chokmah — Binah

Tree of Life Position: Connecting Wisdom to Understanding—the marriage of the Father and
Mother principles

Tarot Symbolism:

The Empress (III) reclines in nature, surrounded by abundant grain, flowing water, and trees. She
wears a crown of stars and is pregnant, symbolizing fertility and creation. She represents the
archetypal Mother, the creative force of nature, the abundance of the material world.

Divinatory Meanings: Fertility, abundance, nature, creativity, nurturing, sensuality, material
comfort, pregnancy (literal or metaphorical), the birth of ideas or projects, motherhood, growth

HoTT Correspondence:

The Empress corresponds to sum types (coproduct types, A + B) or more generally disjoint union.
In HOTT, the sum type A + B represents "either A or B" —both possibilities exist and can be
realized. The Empress represents the principle of abundance and multiplicity —not choosing
between options but allowing both to flourish.



Empress : (A B : Type) - Type

Empress A B (= A + B

More broadly, The Empress represents inductive types—types built up from constructors, just as
nature builds complexity from simple elements. Natural numbers, lists, trees—all the richly
structured types that allow mathematics to mirror the proliferating complexity of nature —these are
the domain of The Empress.

Transformation Dynamics:

The Empress connects Chokmah (expansive masculine creative force) and Binah (receptive
feminine form-giving force). Their union produces abundant creation—just as the sum type A + B
allows both types to coexist and flourish. This is the first great synthesis in the Tree, the primal
marriage that makes manifestation possible.

The Empress teaches generative power —that from the union of complementary principles, endless
creativity emerges. In type theory, this is the recognition that we can build complex types from
simpler ones, that the universe of types is generative and inexhaustible.

Path 5 (15): Heh — The Emperor — Product Types

Hebrew Letter: 71 (Heh)

Gematria: 5

Meaning: Window, breath, revelation

Path Connection: Chokmah — Tiferet

Tree of Life Position: Connecting Wisdom to Beauty/Harmony

Tarot Symbolism:

The Emperor (IV) sits on a stone throne decorated with rams' heads (symbol of Aries and masculine
force). He holds a scepter and an orb, symbols of temporal authority. Mountains rise behind him—
harsh, unyielding, emphasizing stability and structure. He represents order, authority, structure,
patriarchal power, and the principle of organization.

Divinatory Meanings: Authority, structure, control, stability, fatherhood, leadership, establishment,
laws and rules, organization, rational order, discipline, foundation-building

HoTT Correspondence:

The Emperor corresponds to product types (A x B)—the type of pairs where the first component is
of type A and the second of type B. Product types represent conjunction, the bringing together of
separate elements into a structured whole.

Emperor : (A B : Type) - Type

Emperor A B := A x B

The Emperor imposes order and structure. Where The Empress allows proliferation (sum types),
The Emperor demands organization (product types). Together, they represent the two fundamental
ways of combining types —either/or (sum) and both/and (product).

Transformation Dynamics:

The Emperor's path from Chokmah to Tiferet represents the channeling of raw creative force into
organized expression. This is the establishment of structure —the imposition of form that makes
complex coordination possible. In type theory, product types are essential for representing
structured data, records, and coordinated information.



The Emperor teaches constructive order —that freedom requires structure, that creativity needs
boundaries to be productive. The rams' heads on his throne indicate directed force —the harnessing
of energy through structure.

Path 6 (16): Vav — The Hierophant — Identity Types

Hebrew Letter: 1 (Vav)

Gematria: 6

Meaning: Hook, nail, and (the letter that connects)
Path Connection: Chokmah — Chesed

Tree of Life Position: Connecting Wisdom to Mercy

Tarot Symbolism:

The Hierophant (V) sits between two pillars (like The High Priestess but in a more public,
institutional setting). He wears triple crown and gives a blessing with his right hand in a gesture of
spiritual authority. Before him kneel two acolytes—he is the spiritual teacher, the keeper of
tradition, the mediator between heaven and earth.

Divinatory Meanings: Tradition, conventional wisdom, spiritual authority, teaching, institutions,
conformity, established beliefs, religious or moral law, seeking guidance from tradition, initiation
into mysteries, mentorship

HoTT Correspondence:

The Hierophant corresponds to identity types (path types, equality types). In HoTT, given a type A
and two elements X,y : A, we can form the identity type (x =_Ay), which represents the space of
ways in which x and y are identified. The Hierophant is the authority who declares "this equals
that," who establishes sameness within tradition.

Hierophant : (A : Type)(x y : A) - Type

Hierophant A x y := (x = A Yy)

The Hierophant mediates —he connects the divine (Chokmah) with manifestation (through Chesed).
Similarly, identity types connect terms, creating paths between them. The Hierophant teaches that
tradition provides the paths by which we understand things as the same or different—that our
recognition of identity depends on established patterns.

Transformation Dynamics:

The key insight of HOTT is that equality is not a yes/no proposition but a space —there can be
multiple different paths (proofs) that two things are equal, and these paths themselves can be equal
or different. The Hierophant represents this structured approach to identity: identity is not arbitrary
but follows established patterns (traditional teachings), yet within those patterns, multiple valid
expressions exist.

The Hierophant teaches structured identification —that recognizing sameness requires a
framework of understanding, a tradition of interpretation. This connects the creative wisdom of
Chokmabh to the generous expansion of Chesed through the mediating principle of established
pattern.

Path 7 (17): Zayin — The Lovers — Choice Types



Hebrew Letter: 1 (Zayin)

Gematria: 7

Meaning: Sword, weapon (that which cuts, divides)

Path Connection: Binah — Tiferet

Tree of Life Position: Connecting Understanding to Beauty/Harmony

Tarot Symbolism:

The Lovers (VI) typically depicts a man and woman beneath an angel (often Raphael, angel of Air
and communication). In some versions, it's a choice between two women (virtue and vice). The card
represents not just romantic love but the fundamental principle of choice, discrimination, and the
union of opposites.

Divinatory Meanings: Love, relationship, harmony, choice, values, duality, temptation, union, soul
connections, conscious choice between alternatives, moral decision, finding one's counterpart

HoTT Correspondence:

The Lovers correspond to choice types or more precisely to boolean types and the principle of
decidability. In type theory, this is expressed through the type Bool := {true, false} and more
generally through types that permit decision procedures.

Lovers : (A : Type)(P : A - Type) -

((x : A) > P(x) + —P(x)) - Type
The Lovers represent the moment of decision, the branching point where the path divides. In type
theory, this is the principle that for some types and predicates, we can decidably determine which
alternative holds. The Lovers teach that choice is not arbitrary but guided by value—by what we
love, by what we hold dear.

Transformation Dynamics:

The path from Binah (Understanding) to Tiferet (Harmony/Beauty) represents the movement from
intellectual comprehension to heartfelt integration. We understand the alternatives intellectually
(Binah), but the choice is made in the heart (Tiferet). The angel above represents higher guidance —
the principle that authentic choice aligns individual will with cosmic harmony.

The Lovers teach discriminating wisdom —that union requires differentiation, that to love
specifically is to make choices. The sword of Zayin cuts—it distinguishes this from that, enabling
real commitment rather than vague undifferentiated feeling.

Path 8 (18): Cheth — The Chariot — Univalence

Hebrew Letter: 11 (Cheth)

Gematria: 8

Meaning: Fence, enclosure (that which contains and protects)

Path Connection: Binah — Geburah

Tree of Life Position: Connecting Understanding to Severity/Strength

Tarot Symbolism:

The Chariot (VII) shows a victorious warrior in a chariot pulled by two sphinxes or horses (one
black, one white). The charioteer holds no reins but directs through will alone. A starry canopy
covers the chariot, representing celestial influence. The card represents triumph through will,
controlled power, determination, and the integration of opposing forces.



Divinatory Meanings: Victory, determination, willpower, control, forward movement, overcoming
obstacles, triumph through focus, self-discipline, directed energy, conquest, travel, ambition
realized

HoTT Correspondence:

The Chariot corresponds to the univalence axiom —the revolutionary principle that equivalent
types can be identified. More precisely, univalence states that the canonical map (A=_U B) — (A =
B) is itself an equivalence.

Chariot : (A B : Type) » (A =U B) = (A = B)

The Chariot unifies the black and white horses (like unifying equivalent types into a single identity).
The charioteer needs no physical reins because the control is through equivalence —through
recognizing that different manifestations are fundamentally the same type. Univalence is the
principle that equivalent structures can be treated as identical, allowing us to transport constructions
along equivalences.

Transformation Dynamics:

The path from Binah (form, understanding) to Geburah (severity, restriction, judgment) represents
the movement from theoretical understanding to practical application with real constraints.
Univalence is the chariot that allows us to navigate this terrain—it gives us controlled power to
move between equivalent formulations, to choose the representation that best serves our purpose
while maintaining mathematical validity.

The Chariot teaches unified control —that apparent opposites (different but equivalent types) can
be harnessed to a single purpose, that mastery comes from recognizing the deep equivalence
beneath surface difference.

Path 9 (19): Teth — Strength — Higher Inductive Types

Hebrew Letter: v (Teth)

Gematria: 9

Meaning: Serpent (primal energy, kundalini)

Path Connection: Chesed — Geburah

Tree of Life Position: Connecting Mercy to Severity —the horizontal path of balance

Tarot Symbolism:

Strength (VIII in Rider-Waite, X1 in older decks like Marseille) depicts a woman gently closing or
opening a lion's mouth. Unlike The Chariot's forceful control, this is gentle mastery —taming
through love and patience. An infinity symbol hovers above the woman's head. The card represents
inner strength, courage, patience, compassion, soft power, and the triumph of higher consciousness
over animal nature.

Divinatory Meanings: Inner strength, courage, patience, compassion, gentle power, overcoming
through love, taming the beast within, moral courage, fortitude, energy channeled through
gentleness, mastery of instinct

HoTT Correspondence:

Strength corresponds to higher inductive types (HITs)—a revolutionary feature of HoTT that
allows types to be defined not just by point constructors but also by path constructors, specifying
directly how certain elements should be identified.



Strength : V (point-constructors : ...)

(path-constructors : ...) - Type
For example, the circle S! as a higher inductive type:

Inductive S1 : Type :=

| base : st

| loop : base = base
Strength gently opens the lion's mouth—she doesn't fight the beast but transforms it from within.
Similarly, higher inductive types don't impose external structure but build identity into the very
definition of the type. The path constructors are like the woman's gentle hands—they directly
specify the higher structure.

Transformation Dynamics:

The horizontal path from Chesed (mercy, expansion) to Geburah (severity, contraction) represents
the dynamic balance of opposites. Neither mercy alone nor severity alone suffices —true strength
lies in their integration. HITs embody this principle by allowing types to contain their own higher
structure (their own "internal relationships"), creating types that are neither merely discrete (too
severe) nor structureless (too merciful) but possess exactly the right degree of identity structure.

Strength teaches transformative patience —that genuine change comes not from force but from
working with the inherent nature of things, from inscribing new possibilities (path constructors) into
the very definition of what something is.

Path 10 (20): Yod — The Hermit — Universe Types

Hebrew Letter: > (Yod)

Gematria: 10

Meaning: Hand (the hand of creation, the divine hand)

Path Connection: Chesed — Tiferet

Tree of Life Position: Connecting Mercy to Beauty/Harmony

Tarot Symbolism:

The Hermit (IX) stands atop a mountain peak, holding a staff in one hand and a lantern containing a
six-pointed star (seal of Solomon) in the other. He is cloaked, suggesting withdrawal from society.
He represents solitude, introspection, inner guidance, wisdom through experience, the teacher who
has walked the path, and the light that guides others.

Divinatory Meanings: Solitude, introspection, seeking inner wisdom, guidance from within,
withdrawal, contemplation, the teacher, spiritual enlightenment, soul-searching, going inward,
finding one's own truth

HoTT Correspondence:

The Hermit corresponds to universe types (Typeo, Types, ..., Type_n, ...)—the types that contain
other types. In HoTT, we have a hierarchy of universes to avoid Russell's paradox. Each universe
Type_n contains types but is itself contained in Type_(n+1).

Hermit : (n : N) - Type (n+l)

Hermit n := Type n

The Hermit stands alone at the peak, holding the lantern —just as each universe level "stands above"
the previous levels, illuminating them from a higher vantage point. The Hermit has climbed to a



place where he can see the whole landscape below (all the types contained in his universe). His
wisdom comes from this comprehensive overview.

Transformation Dynamics:

The path from Chesed (generous expansion) to Tiferet (integrated harmony) represents the journey
from abundance to understanding —from having many experiences to extracting their meaning. The
Hermit has withdrawn from the multiplicity of Chesed to find the unifying principle in Tiferet.
Similarly, universe types allow us to step back from working with particular types to considering
types themselves as objects of study.

The Hermit teaches reflective wisdom — that to truly understand the particular, we must be able to
abstract, to see it as one instance of a general pattern. Universe types embody this reflective
capacity —they allow types to be objects within a higher type, enabling meta-level reasoning.

Path 11 (21): Kaph — The Wheel of Fortune — Recursion

Hebrew Letter: > (Kaph)

Gematria: 20

Meaning: Palm of the hand (that which grasps, holds)

Path Connection: Chesed — Netzach

Tree of Life Position: Connecting Mercy to Victory/Eternity

Tarot Symbolism:

The Wheel of Fortune (X) depicts a great wheel with various symbols and figures upon it—some
rising, some falling. Often it shows the four fixed signs of the zodiac (Taurus, Leo, Scorpio,
Aquarius) in the corners and sphinx/serpent/demon figures on the wheel itself. The wheel represents
cycles, fate, karma, turning points, and the inevitable changes of fortune.

Divinatory Meanings: Cycles, turning point, fate, destiny, luck (good or bad), karma, things
beyond one's control, the wheel turns, what goes up must come down, accepting change, life cycles,
timing

HoTT Correspondence:

The Wheel of Fortune corresponds to recursion and inductive types— structures defined by their
self-referential nature. The wheel turns upon itself —the natural numbers are defined recursively
(zero is a natural number; if n is a natural number, so is successor(n)). Lists, trees, and all
recursively defined structures embody this principle.

WheelOfFortune : (A : Type) - Type
Inductive N : Type :=

| zero : N

| suce : N - N
The Wheel turns eternally —each position on the wheel leads to the next, just as each natural
number leads to its successor. The figures rising and falling represent different stages in the
recursive unfolding. The principle of induction (to prove something for all natural numbers, prove it
for zero and prove that if it holds for n, it holds for n+1) mirrors the wheel's structure.

Transformation Dynamics:

The path from Chesed (expansion) to Netzach (enduring victory) represents the principle that
expansion must become cyclic, recurrent, self-sustaining. Mere expansion without structure
dissipates—true victory requires the capacity for self-renewal, for returning to oneself while



transformed. Recursion embodies this: each application of the recursive function returns to the same
pattern but at a new level.

The Wheel teaches cyclic transformation —that growth is not linear but spiral, returning to similar
situations but from a higher perspective. In type theory, recursion is the fundamental pattern by
which we build complexity from simplicity, creating infinite structures from finite definitions.

Path 12 (22): Lamed - Justice — Propositional Equality

Hebrew Letter: > (Lamed)

Gematria: 30

Meaning: Ox-goad (that which prods, teaches)

Path Connection: Geburah — Tiferet

Tree of Life Position: Connecting Severity to Beauty/Harmony

Tarot Symbolism:

Justice (XI in Rider-Waite, VIII in older decks) sits enthroned, holding a sword in one hand and
scales in the other. She represents fairness, truth, law, cause and effect, accountability, and the
principle that actions have consequences. Her sword points upward —truth cuts through illusion.
The scales represent balance and measure.

Divinatory Meanings: Justice, fairness, truth, law, cause and effect, accountability, legal matters,
balanced judgment, objectivity, facing consequences, karma, making things right, ethical decisions

HoTT Correspondence:

Justice corresponds to propositional equality —the judgment that two terms are equal in a way that
admits no distinction. In type theory, we distinguish between judgmental equality (a = b) and
propositional equality (a = b). Judgmental equality is the strict, definitional equality — Justice's
unwavering sword.

Justice : (A : Type)(a b : A) -» Prop

Justice A a b := (a = b)

Justice holds the scales—balancing the two sides of an equation, determining whether they are truly
equal. The sword represents the cut of truth—equality either holds or it doesn't. Justice admits no
ambiguity at the level of propositional truth.

Transformation Dynamics:

The path from Geburah (severity, judgment) to Tiferet (beauty, harmony) represents the movement
from pure critique to balanced assessment. Justice is severe (she holds the sword of Geburah) but
aims at harmony (the scales must balance, leading to Tiferet). This is the path of honest self-
assessment—recognizing what is truly equal and what only appears so.

Justice teaches principled evaluation— that truth requires both discrimination (the sword) and
balance (the scales). In type theory, judgmental equality is the bedrock —the non-negotiable
foundation upon which all further reasoning rests. Like Justice, it is absolute but aims at creating a
balanced, harmonious system.

Path 13 (23): Mem — The Hanged Man - Function Extensionality



Hebrew Letter: » (Mem)

Gematria: 40

Meaning: Water (fluid, flowing, formless)

Path Connection: Geburah — Hod

Tree of Life Position: Connecting Severity to Glory/Splendor

Tarot Symbolism:

The Hanged Man (XII) depicts a man suspended upside-down from a T-shaped cross or tree, one
leg crossed behind the other forming a figure-4. Despite his predicament, he appears serene, even
haloed. The card represents sacrifice, suspension, reversal of perspective, surrender, seeing from a
new angle, and the paradox that by giving up control, one gains wisdom.

Divinatory Meanings: Suspension, letting go, reversal, sacrifice, new perspective, liminal state,
waiting, surrender, seeing things differently, the necessity of release, shamanic initiation,
martyrdom, pause before breakthrough

HoTT Correspondence:

The Hanged Man corresponds to function extensionality —the principle that two functions are
equal if they produce the same outputs for all inputs. Formally: if f, g : A — B, and for all x : A we
have f(x) = g(x), then f = g.

HangedMan : (A B : Type)(f g : A - B) -

((x : A) » £(x) =9g(x)) » (f = 9g)
The Hanged Man hangs in paradoxical suspension—he is restrained yet free, suffering yet serene,
inverted yet enlightened. Function extensionality embodies this paradox: two functions may be
defined completely differently (different internal structure) yet be equal if their external behavior is
identical. To know if two functions are the same, we must "surrender" our attachment to their
internal definition and look only at their effects.

Transformation Dynamics:

The path from Geburah (definition, structure, internal form) to Hod (expression, manifestation,
output) represents the journey from essence to appearance. The Hanged Man teaches that we must
sometimes let go of our attachment to internal structure to see the truth of external manifestation.
Function extensionality formalizes this: equality at the level of output (Hod) can constitute genuine
equality even when internal definition (Geburah) differs.

The Hanged Man teaches inversive wisdom —that sometimes we must completely reverse our
perspective to see the truth. Hanging upside-down, he sees what cannot be seen from the normal
upright position. Similarly, function extensionality inverts the usual view (that equality is about
internal sameness) to reveal that external sameness is sufficient.

Path 14 (24): Nun - Death — Type Transformation

Hebrew Letter: 1 (Nun)

Gematria: 50

Meaning: Fish (that which swims in the waters of change)

Path Connection: Tiferet — Netzach

Tree of Life Position: Connecting Beauty/Harmony to Victory/Eternity

Tarot Symbolism:
Death (XIII) typically shows a skeleton in armor riding a white horse, carrying a black banner with



a white rose. Before the horse lie bodies—king, child, and maiden—all equal before death. In the
background, the sun rises between two towers. Death represents transformation, endings that enable
new beginnings, the necessary dissolution of form, and the principle that nothing eternal is lost in
change.

Divinatory Meanings: Transformation, ending, transition, necessary loss, letting go, release,
metamorphosis, the death of the old self, profound change, what must end for new life to begin,
rebirth through dissolution

HoTT Correspondence:

Death corresponds to type transformation through equivalence —the principle that a type can "die"
in one form and be "reborn" in an equivalent form. More precisely, Death represents the operation
of transporting structure along an equivalence.

Death : (A B : Type)(e : A = B)(P : Type - Type) -

P(A) - P(B)
Given an equivalence e : A = B, any property or structure on A can be transported to B. The type A
"dies" in the sense that we cease to work with it directly, but it is "reborn" as B, carrying all its
essential structure. The white rose on the black banner represents that what is essential (the rose, the
structure) survives the transformation (the black of death).

Transformation Dynamics:

The path from Tiferet (integrated beauty) to Netzach (enduring victory) represents the principle that
for beauty to endure, it must be willing to transform. What refuses to change becomes rigid and
breaks —true permanence requires the flexibility to adopt new forms while preserving essence. Type
transformation embodies this: equivalence preserves all essential properties while allowing
complete change of representation.

Death teaches essential continuity through transformation —that the self that emerges from
profound change is both the same as and utterly different from the self that entered. In HoTT, this is
formalized through transport: we don't lose anything essential when we move along an equivalence,
yet we may work in a completely different type.

Path 15 (25): Samekh — Temperance — Contractibility

Hebrew Letter: 0 (Samekh)

Gematria: 60

Meaning: Prop, support (that which holds up)

Path Connection: Tiferet — Yesod

Tree of Life Position: Connecting Beauty/Harmony to Foundation

Tarot Symbolism:

Temperance (XIV) depicts an angel with one foot on land and one in water, pouring liquid between
two cups. Behind the angel, a path leads to mountains crowned with light. The angel often has the
symbol of the sun on their forehead. The card represents balance, moderation, alchemy, the mixing
of opposites, patience, and the middle way.

Divinatory Meanings: Balance, moderation, patience, alchemy, combining opposites, healing, the
middle path, self-control, time, gradual change, synthesis, finding the right mixture, bringing things
together harmoniously



HoTT Correspondence:

Temperance corresponds to contractible types—types that are homotopy equivalent to the unit type
(T). Atype Ais contractible if there exists a center ¢ : A and a contraction showing that every point
of A is equal to c.

isContr(A) := 2(c : A) [I(x : A) (c = x)

Temperance mixes the two cups—combining multiplicity into unity. A contractible type has many
points (the liquid in one cup) but they all flow together into a single center (the liquid in the other
cup). The angel's foot on land and in water represents this principle: standing in both realms
(multiplicity and unity) simultaneously.

Transformation Dynamics:

The path from Tiferet (integrated center) to Yesod (foundation) represents the establishment of a
firm basis. Contractibility is the type-theoretic notion of "essential unity" —despite apparent
multiplicity, all paths lead to the same center. This provides a stable foundation because from any
point, we can contract to the center.

Temperance teaches unity through mixing — that opposites properly combined create a stable
essence that transcends either pole. The alchemical tradition speaks of the Great Work as creating
the Philosopher's Stone through careful combination of opposites —contractibility is the type-
theoretic version: all the diversity of the type resolves into essential unity.

Path 16 (26): Ayin — The Devil — Type Inhabitation

Hebrew Letter: ¥ (Ayin)

Gematria: 70

Meaning: Eye (seeing, observation, surface)

Path Connection: Tiferet — Hod

Tree of Life Position: Connecting Beauty/Harmony to Glory/Splendor

Tarot Symbolism:

The Devil (XV) typically shows Baphomet (a horned, goat-headed figure) on a pedestal, with a
naked man and woman chained before it. However, the chains are loose —they could be removed.
The inverted pentagram on the Devil's forehead symbolizes matter over spirit. The card represents
bondage, materialism, ignorance, attachment, shadow self, and the illusion of limitation.

Divinatory Meanings: Bondage, attachment, materialism, addiction, illusion, feeling trapped,
shadow work, facing the darkness within, unhealthy relationships, the chains we forge ourselves,
liberation through recognition of bondage

HoTT Correspondence:

The Devil corresponds to type inhabitation —the question of whether a given type is inhabited (has
at least one element). An uninhabited type (empty type) represents impossibility, while an inhabited
type represents actuality. The Devil represents our attachments —our insistence that certain types
must be inhabited.

Devil : (A : Type) - Type

Devil A := I|Al -- propositional truncation

The chains are loose —the type could be uninhabited (the prisoners could be free), but we believe it
must be inhabited (we remain chained). The Devil is the error of confusing what is necessary with
what is contingent, of treating mere inhabitation as if it were inevitable. Propositional truncation



(IAT) reflects this: it says "A is inhabited" but forgets how it's inhabited —the Devil obscures the
specific in favor of the general assertion.

Transformation Dynamics:

The path from Tiferet (beauty, essence, the ideal) to Hod (manifestation, form, the actual) represents
the movement from abstract possibility to concrete actuality. The Devil represents the danger of this
path: becoming so attached to particular manifestations that we forget they are contingent. We
mistake inhabitation (the type happens to have elements) for necessity (the type must have
elements).

The Devil teaches recognition of contingency —that what seems necessary is often merely
habitual. The loose chains symbolize that we can question our assumptions about what types are
inhabited, that liberation comes from recognizing that "this type is inhabited" is a claim that could
be false.

Path 17 (27): Peh — The Tower — Type Collapse

Hebrew Letter: 5 (Peh)

Gematria: 80

Meaning: Mouth (speech, opening, expression)

Path Connection: Netzach — Hod

Tree of Life Position: The horizontal path connecting Victory to Glory

Tarot Symbolism:

The Tower (XVI) depicts a tall tower being struck by lightning, with its crown blown off and people
falling from windows. Flames erupt from the structure. The card represents sudden upheaval,
revelation, destruction of false structures, breakthrough, liberation through crisis, and the shattering
of illusions.

Divinatory Meanings: Sudden change, upheaval, revelation, destruction, crisis, liberation, the
breaking down of false beliefs, necessary destruction, shocking truth, losing false security,
breakthrough by breakdown, revolutionary change

HoTT Correspondence:

The Tower corresponds to type collapse or proof of contradiction —the discovery that a type we
thought was non-empty is actually empty (uninhabited), or that a structure we believed consistent is
actually contradictory.

Tower : (A : Type) -» (A -»> 1) -» TA

The lightning strike represents the sudden recognition of contradiction. The people falling from the
tower are the inhabitants we thought the type had —but the proof of (A — L) shows the type is
actually empty. The false structure (the tower) collapses when tested against truth (lightning).

Transformation Dynamics:

The path from Netzach (emotional attachment, what we desire to endure) to Hod (rational structure,
what actually is) represents the confrontation between wish and reality. The Tower is the moment
when reality shatters our cherished illusions. We believed type A was inhabited (we had built a
tower of consequences assuming its existence), but we discover A — L (contradiction).

The Tower teaches necessary destruction —that false beliefs must be shattered for truth to emerge.
In mathematics, the discovery of a contradiction is catastrophic locally but liberating globally —it



forces us to rebuild on firmer foundations. The crown blown off the tower represents the loss of
false authority —we can no longer claim knowledge we don't actually possess.

Path 18 (28): Tzaddi — The Star — Higher-Level Types

Hebrew Letter: ¥ (Tzaddi)

Gematria: 90

Meaning: Fishhook (that which draws from the depths)
Path Connection: Netzach — Yesod

Tree of Life Position: Connecting Victory to Foundation

Tarot Symbolism:

The Star (XVII) depicts a naked woman kneeling by a pool, pouring water from two pitchers—one
onto land (five streams) and one into the water (returning it to its source). Above her shine eight
stars, with one large star prominent. The card represents hope, inspiration, serenity, cosmic
connection, renewal, being true to oneself, spiritual insight, and guidance.

Divinatory Meanings: Hope, faith, renewal, inspiration, serenity, optimism, spiritual insight,
guidance, being yourself, cosmic connection, healing, clarity, the light after darkness, following
your star

HoTT Correspondence:

The Star corresponds to higher-level types (n-types)—types with structure up to level n. A O-type is
a set (no higher structure), a 1-type is a groupoid (paths but no higher paths), a 2-type has structure
up to 2-paths, etc. The Star represents the recognition that there are levels beyond the immediate,
that structure exists at higher dimensions.

Star : (n : N) » (A : Type) - Type

Star n A := "A is an n-type"

The multiple stars represent the hierarchy of n-types. The large star represents perhaps the most
important level for current consideration, but the other stars remind us that levels extend
indefinitely. The woman pours water in both directions—down to earth (O-types, sets) and into the
pool (higher-level structure) —recognizing that both levels are valid.

Transformation Dynamics:

The path from Netzach (victory, endurance) to Yesod (foundation) represents the recognition that
enduring structures have foundational levels. What appears simple at one level reveals structure at
higher levels. The Star teaches that we need both— grounded, discrete sets (0-types) and higher-
dimensional types that capture more subtle relationships.

The Star teaches hierarchical hope —that beyond our current level of understanding, there are
higher levels to aspire to. In HoTT, the discovery that types have higher structure (that equality
itself has structure) opened new vistas of mathematical possibility, just as the Star opens new vistas
of spiritual possibility.

Path 19 (29): Qoph — The Moon — Truncation

Hebrew Letter: ? (Qoph)
Gematria: 100
Meaning: Back of the head (subconscious, what is behind)



Path Connection: Netzach — Malkuth
Tree of Life Position: Connecting Victory to Kingdom (manifestation)

Tarot Symbolism:

The Moon (X VIII) shows a full moon with a face, a crayfish emerging from water, a path between
two towers leading to mountains, and two dogs or wolves howling at the moon. The card represents
illusion, fear, the subconscious, confusion, deception (including self-deception), the threshold
between conscious and unconscious, and the uncertain path.

Divinatory Meanings: Illusion, fear, anxiety, subconscious, confusion, deception, dreams,
imagination, intuition, the shadow, unclear path, things not as they seem, psychic sensitivity, facing
the darkness

HoTT Correspondence:

The Moon corresponds to propositional truncation (I Al)—the operation that forgets the specific
structure of a type and remembers only whether it's inhabited. Truncation creates a fog (like
moonlight) that obscures the details while preserving the essential fact of existence.

Moon : (A : Type) - Type

Moon A := I|Al

The crayfish emerging from water represents an element emerging from a type, but in the moonlight
(truncation), we can't see it clearly —we know something is there but can't distinguish what. The
two dogs or wolves represent the two possible truncation values: inhabited or empty —but we've
lost the specific information about which inhabitant.

Transformation Dynamics:

The path from Netzach (victory, what endures) to Malkuth (physical manifestation) represents the
descent from the astral/emotional realm to material existence. The Moon governs this threshold —
the zone where things are no longer abstract but not yet fully concrete. Truncation performs exactly
this operation: a type (abstract structure) becomes a mere proposition (concrete yes/no answer about
inhabitation) through truncation.

The Moon teaches essential forgetting —that sometimes we must release specific details to
perceive the general truth. In logic, truncation allows us to work propositionally even when working
with structured types. The Moon's light obscures detail but illuminates the path forward — truncation
obscures internal structure but clarifies whether types are inhabited.

Path 20 (30): Resh — The Sun — Verification

Hebrew Letter: 1 (Resh)

Gematria: 200

Meaning: Head (consciousness, illumination)

Path Connection: Hod — Yesod

Tree of Life Position: Connecting Glory to Foundation

Tarot Symbolism:

The Sun (XIX) depicts a radiant sun with rays and often a face, shining down on a naked child
riding a white horse or dancing in a garden. Sunflowers grow in the background. A banner or wall
appears behind the child. The card represents joy, success, clarity, vitality, truth revealed, innocence
regained, celebration, and the light of consciousness.



Divinatory Meanings: Joy, success, vitality, clarity, truth, optimism, celebration, accomplishment,
enlightenment, simple happiness, childlike wonder, everything is illuminated, positive outcomes,
energy

HoTT Correspondence:

The Sun corresponds to decidable types and verification —types for which we can algorithmically
determine inhabitation. Where The Moon (truncation) obscures, The Sun illuminates. For decidable
propositions, we can definitively answer "is this type inhabited?"

Sun : (A : Type) -» (A + —A)

The naked child represents complete transparency —nothing is hidden. The Sun's light reveals
everything clearly. For decidable types, there is no ambiguity, no uncertainty —the structure is
completely clear. This is the joy of The Sun: certainty, clarity, the ability to verify definitively.

Transformation Dynamics:

The path from Hod (rational structure) to Yesod (foundation) represents the movement from
intellectual understanding to established certainty. The Sun illuminates this path—in the light of
decidability, we can move confidently from hypothesis to verified foundation. Unlike The Moon's
path (which is uncertain, relying on truncation), The Sun's path is clear and verifiable.

The Sun teaches joyful certainty —that some questions have definite answers, that some structures
can be completely known. In type theory, decidable types are those for which computation always
terminates with a definite answer—this is the mathematical equivalent of The Sun's total
illumination.

Path 21 (31): Shin — Judgement — Type Formation

Hebrew Letter: v (Shin)

Gematria: 300

Meaning: Tooth (that which breaks down, discriminates)
Path Connection: Hod — Malkuth

Tree of Life Position: Connecting Glory to Kingdom

Tarot Symbolism:

Judgement (XX) depicts an angel blowing a trumpet in the sky, while below, naked figures rise from
coffins, arms raised. The card represents resurrection, renewal, awakening, calling, reckoning,
absolution, rebirth, and the final assessment before transformation. This is the moment of
accounting, of recognizing one's true nature, of being called to a higher purpose.

Divinatory Meanings: Awakening, renewal, reckoning, rebirth, absolution, calling, judgment (in
the sense of assessment), resurrection, second chances, recognizing the truth, being called forth,
transformation through evaluation

HoTT Correspondence:

Judgement corresponds to type formation rules—the fundamental judgments by which we declare
that something is a type. In type theory, everything begins with judgments of the form "A is a type"
(written A : Type or - A : Type).

Judgement : Context - Statement - Validity
- A : Type



The angel's trumpet represents the act of declaration—calling something into being as a type. The
rising figures represent elements being called into existence once their type is formed. Judgement is
the metalogical level at which we assess: "Is this a valid type formation?" Just as the angel judges
who rises, the type formation rules judge what counts as a type.

Transformation Dynamics:

The path from Hod (rational structure, logical form) to Malkuth (manifestation, concrete existence)
represents the final step: from abstract pattern to actual existence. Judgement performs this
operation—by declaring "A : Type," we call the type into existence, enabling its elements to
manifest.

Judgement teaches declarative power —that authentic assessment calls things into their true being.
In type theory, judgments are not arbitrary —they follow rules that ensure consistency. The trumpet
call represents this principled declaration: only valid type formations are judged true, but those that
are valid are called definitively into being.

Path 22 (32): Tav — The World — Complete Types

Hebrew Letter: n (Tav)

Gematria: 400

Meaning: Cross, mark, sign (completion, the seal)

Path Connection: Yesod — Malkuth

Tree of Life Position: The final path, from Foundation to Kingdom

Tarot Symbolism:

The World (XXI) depicts a dancing figure (often female, sometimes androgynous) within a wreath,
holding wands. In the four corners appear the four fixed signs of the zodiac (angel/Aquarius, eagle/
Scorpio, lion/Leo, bull/Taurus). The card represents completion, wholeness, accomplishment,
integration, cosmic consciousness, the fulfillment of the journey, and synthesis of all elements.

Divinatory Meanings: Completion, success, fulfillment, wholeness, integration, accomplishment,
the world is yours, journey's end, cosmic consciousness, mastery, synthesis, everything coming
together, celebration of achievement

HoTT Correspondence:

The World corresponds to complete types—types that are fully constructed, where all required
structure is present. More specifically, The World represents the complete system of types itself: the
universe of well-formed types with all their structure.

World : TypeComplete

World := {A : Type | hasAllStructure(A)}

The dancing figure represents the dynamic completeness of the type universe —it is not static but
alive, dancing through all its possible forms. The wreath encircling the figure represents closure —
the type is complete, nothing is missing. The four corners (four zodiacal signs) represent the four
fundamental type formers: dependent products (II), dependent sums (), identity types (=), and
universes (Type).

Transformation Dynamics:

The final path from Yesod (foundation, the astral template) to Malkuth (physical manifestation)
represents the ultimate grounding—bringing the entire journey into concrete reality. The World
represents the completion of this journey, the final synthesis where everything that was potential



(Ein Sof) has become actual (Malkuth), then recognized as always having been complete (back to
Ein Sof in a higher sense).

The World teaches accomplished totality —that the journey from O to 21, from Aleph to Tav, from
The Fool to The World, creates a complete cycle. In type theory, this is the recognition that the
system of types is complete—we can construct any mathematical structure we need. The dancer's
Jjoy represents the mathematical sublime: the recognition that we have created a complete
foundation for mathematics.

3. The Minor Arcana and the Sefirot

While this paper focuses primarily on the Major Arcana and their correspondence to the 22 paths,
we should briefly note the correspondence between the Minor Arcana and the ten Sefirot.

3.1 The Numerical Cards and Type Levels

The numbered cards from Ace (1) to Ten in each suit correspond to the ten Sefirot. In type-theoretic
terms, these represent the ten "levels" or "stages" of type manifestation:

Kether (Aces): The initial type formation, pure potential

Chokmah (Twos): The principle of type variables, the capacity for parametricity

Binah (Threes): The formation of structured types, containers

Chesed (Fours): Abundant type formation, product types that combine many components
Geburah (Fives): Restriction and refinement, subtypes and type refinement

Tiferet (Sixes): Balanced types, the integration of multiple type formers

Netzach (Sevens): Recursive types, types that endure through self-reference

Hod (Eights): Manifestation of types as data structures

. Yesod (Nines): Template types, polymorphism, the generic as foundation

10. Malkuth (Tens): Fully instantiated types, concrete data

3.2 The Court Cards and Type Operators

e R N

The four court cards (Page, Knight, Queen, King) in each suit represent different aspects of type
operation:

e Pages: Type constructors, the basic operators that create types

Knights: Type transformations, morphisms between types

*  Queens: Type generators, the "feminine" principle of type creation

*  Kings: Type rulers, the principles that govern type systems (like the univalence axiom)

3.3 The Four Suits and Basic Type Categories

The four suits correspond to four fundamental categories of types:

*  Wands (Fire): Computational types, types as programs

e Cups (Water): Dependent types, types that flow and adapt
*  Swords (Air): Logical types, types as propositions

e Pentacles (Earth): Data types, types as structures

4. The Fool's Journey as Type-Theoretic Development



4.1 The Journey Structure

The Fool's Journey through the Major Arcana represents the development of a complete type
system:

Stage 1: Potentiality (Cards 0-7)

The Fool begins with unlimited potential (empty type / unit type) and encounters the fundamental
type formers (Magician, High Priestess, Empress, Emperor) before learning about identity
(Hierophant), choice (Lovers), and unified control through equivalence (Chariot).

This stage corresponds to setting up the basic syntax of type theory: types, terms, function types,
dependent types, product types, sum types, identity types, and equivalence.

Stage 2: Internalization (Cards 8-14)

Through Strength (higher inductive types), the Fool learns that types can have built-in structure.
The Hermit (universe types) provides perspective. The Wheel (recursion) introduces cyclic
structure. Justice (propositional equality) establishes truth. The Hanged Man (function
extensionality) teaches a new perspective on equality. Death (type transformation) enables
metamorphosis. Temperance (contractibility) unifies multiplicity.

This stage corresponds to understanding the deeper properties of types: how they can be structured
internally, how they relate to each other, how equality works at different levels.

Stage 3: Shadow Work (Cards 15-18)

The Devil (inhabitation) reveals attachments to particular types. The Tower (collapse) destroys false
structures. The Star (higher-level types) provides renewed hope through higher dimensions. The
Moon (truncation) teaches necessary forgetting.

This stage corresponds to dealing with the limitations and challenges of type systems:
undecidability, consistency questions, the choice between preservation and abstraction.

Stage 4: Illumination and Integration (Cards 19-21)
The Sun (decidability) brings clarity. Judgement (type formation) calls types into being. The World
(complete types) achieves final synthesis.

This stage corresponds to the recognition that we have built a complete, consistent, and expressive
type system—that the mathematical foundation is sound.

4.2 The Cyclic Nature: From World Back to Fool

The World dancing in the wreath is not the end but the beginning of a new cycle at a higher level.
Having completed the journey from type-theoretic innocence to type-theoretic mastery, the Fool is
ready to step off the cliff again—but now with the wisdom of experience. This represents the
ongoing development of type theory: each generation of type theorists builds on the complete
system of their predecessors, then leaps into new unknown territories.

This is analogous to the Kabbalistic concept of "ratzo v'shov" (running and returning) —the soul
descends into manifestation, completes its journey, then ascends back to the source, only to descend
again at a higher level. In type theory, this is the process by which we formalize one level of
mathematics, build a complete system, then use that system as the foundation to formalize the next
higher level.



5. Philosophical Implications

5.1 Structural Realism and Symbolic Systems

The correspondences documented in this paper suggest a form of structural realism: that certain
abstract patterns or structures are instantiated across multiple domains —mystical, psychological,
and mathematical. The Kabbalistic Tree, the Tarot, and Homotopy Type Theory may all be partial
descriptions of the same underlying transformational structure.

This view challenges both naive realism (the belief that our categories directly mirror external
reality) and radical constructivism (the belief that our categories are arbitrary constructions).
Instead, it suggests that certain structural patterns are invariant across representation systems
because they reflect deep features of how any system must be structured to support growth,
transformation, and complexity.

5.2 Process Ontology and Zero-Totality

As mentioned in the introduction, these correspondences support a process ontology based on the
principle of zero-totality. In Kabbalah, everything emanates from Ein Sof (nothingness) and the sum
of all Sefirot balances to zero. In the Tarot, The Fool (0) contains all possibilities, and the complete
cycle returns to completion (which is zero in a higher sense). In HoTT, the empty type (L) and the
unit type (T) are fundamental, and the univalence axiom suggests that all mathematical structures
are ultimately transformations that preserve essential identity (summing to zero in the sense that
gains and losses balance).

This principle —that reality is a zero-sum game in the cosmic sense —has profound implications. It
suggests that:

1. Nothing can be created or destroyed, only transformed

2. Every differentiation creates complementary pairs

3. All complexity arises from the self-organization of fundamentally simple systems
4.  The universe is a rewrite system, endlessly computing itself

5.3 Time and Transformation

Both Kabbalah and Tarot explicitly incorporate time and transformation as fundamental. Ein Sof
emanates through the Sefirot over "time" (though not physical time). The Fool journeys through the
Major Arcana, experiencing transformation. The question arises: does HoTT also incorporate time?

The answer is subtle. Traditional type theory is timeless—types simply are. However, the homotopy
interpretation introduces a notion of "synthetic time" through paths. A path from x to y in a type A is
a way of continuously transforming x into y—a "temporal" connection. The higher paths
(homotopies between paths) represent transformations of transformations.

Thus, while HOTT doesn't have physical time, it has something analogous: the structure of paths,
homotopies, and higher homotopies provides a "temporal" dimension in which transformations can
occur. This resonates with Lee Smolin's argument in Time Reborn that time is real and fundamental
—not an illusion to be explained away (Smolin, 2013).

5.4 The Status of Mathematical Objects



If the correspondences in this paper are valid, they raise questions about the ontological status of
mathematical objects. Are types "discovered" (Platonism) or "invented" (formalism/
constructivism)? The correspondence with ancient symbolic systems suggests a middle path: types
are invented in their specific formalization, but they instantiate patterns that are discovered because
these patterns are structural necessities for any sufficiently complex system.

The Kabbalists didn't invent the Tree of Life by arbitrarily choosing ten spheres and 22 paths —they
discovered (through meditation, contemplation, and mystical experience) a structure that proved to
be robust and meaningful. Similarly, Tarot readers didn't arbitrarily choose 22 Major Arcana—this
structure emerged through use and proved effective for psychological and spiritual work. And type
theorists didn't arbitrarily design HoTT —they discovered (through mathematical investigation) that
types naturally have the structure of spaces with paths.

The convergence suggests that all three systems have discovered/invented partially equivalent
descriptions of fundamental transformational patterns.

6. Methodological Considerations

6.1 The Hermeneutic Circle

This work necessarily operates within the hermeneutic circle: we understand the parts (individual
correspondences) through the whole (the general theory of correspondence), and we understand the
whole through the parts. The correspondences presented should be judged not on whether each
individual mapping is "proven" but on whether the total pattern is coherent, illuminating, and
generative of new insights.

6.2 Multiple Valid Correspondences
It's important to note that the specific correspondences proposed here are not the only possible ones.
Different systems of Tarot-Kabbalah correspondence exist (Golden Dawn vs. Crowley vs. others),

and multiple type-theoretic interpretations might be valid for each card. The goal is not to establish
a single "correct" correspondence but to demonstrate that meaningful structural relationships exist.

6.3 Limits of Formalization
While this paper draws connections between mystical/symbolic systems and formal mathematics,
we should be cautious about reducing the former to the latter. The Kabbalah and Tarot contain

dimensions of meaning (ethical, spiritual, psychological) that cannot be fully captured in type
theory. The correspondences illuminate aspects of both systems but do not exhaust either.

7. Conclusions and Further Research

7.1 Summary of Findings

This paper has demonstrated systematic correspondences between:

e The 22 paths of the Kabbalistic Tree of Life
e The 22 letters of the Hebrew alphabet



e The 22 Major Arcana of the Tarot

*  Fundamental constructions in Homotopy Type Theory
These correspondences suggest that all four systems describe the same underlying patterns of
transformation, differentiation, and integration that characterize any complex creative process.

7.2 Implications for Type Theory

For type theorists, these correspondences may offer:

e  Intuitive understanding: The rich symbolic imagery of Tarot and Kabbalah may provide
intuitive handles for grasping abstract type-theoretic concepts

*  Pedagogical tools: The Fool's Journey provides a narrative structure for introducing type
theory

*  Research directions: Gaps in the correspondence may suggest type-theoretic constructions
yet to be formally investigated

7.3 Implications for Esoteric Studies

For students of Kabbalah and Tarot, these correspondences offer:

*  Formal precision: Type theory provides a rigorous formal language for patterns previously
expressed only symbolically

e  Validation: The fact that independent mathematical investigation has discovered structures
isomorphic to ancient mystical systems suggests these systems encode genuine insights

e  Integration: A framework for connecting esoteric knowledge with modern mathematics and
computer science

7.4 Future Research Directions

Several avenues for further investigation emerge:

1. Detailed Minor Arcana correspondences: Developing the type-theoretic interpretation of
the numbered and court cards

2. Category-theoretic extensions: Exploring correspondences with category theory, higher
category theory, and topos theory

3. Computational implementations: Creating proof assistants or programming languages
whose structure reflects the Tree of Life

4. Psychological/cognitive implications: Investigating whether human cognitive development
follows similar patterns

5. Historical research: Examining whether early type theorists or Kabbalists were aware of
these connections

6. Other symbolic systems: Testing whether systems like the I Ching, runes, or astrological
systems show similar correspondences

7.5 Final Reflection

The ancient Hermetic axiom states "As above, so below" —the macrocosm mirrors the microcosm.
The correspondences documented here suggest a deeper principle: "As in the mystical, so in the
mathematical." The structures we discover through contemplation, meditation, and inner work
mirror the structures we discover through formal reasoning and rigorous proof. This suggests a
fundamental unity underlying the diversity of human knowledge-seeking practices.

Whether one approaches these correspondences as a believer in perennial wisdom, a structuralist
seeking cross-domain patterns, or a skeptic finding interesting but ultimately accidental similarities,



the exercise of mapping between these systems generates insights. It reveals that the boundary
between "objective" mathematics and "subjective" symbolism is more permeable than often
assumed.

The Fool's journey from unknowing to knowing, from potential to actualization, from Ein Sof
through the Sefirot to Malkuth and back again, finds its perfect expression in the type-theoretic
Journey from the empty type through increasingly complex constructions to complete mathematical
systems—and then the willingness to begin again, to step off the cliff into new unknown territories.

In this sense, all mathematics, all mysticism, and all genuine knowledge-seeking is a Fool's journey
—a leap of faith into the unknown, guided by patterns that prove, upon reflection, to have been
there all along.
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Appendices

Appendix A: Correspondence Table



Pat Hebrew Gemat Connecting

h Letter ria Tarot Card Sefirot HoTT Concept

I1 Aleph (x) 1 The Fool (0) gﬁg}(e;; ﬁg;ls)ltl})’fgtf;t Type, Type Formation
12 Beth (2) 2 The Magician (I) Kether — Binah Function Types (II-types)

13 Gimel (3) 3 High Priestess  Kether — Dependent Types (Z-types)

14 Daleth (7) 4 Empress (I11) Chokmah —> Sum Types, Inductive Types

15 Heh (1) 5 Emperor (IV) Chokmah — Product Types

16 Vav (1) 6 Hierophant (V) gﬁgiﬁah - Identity Types (=)

17 Zayin (1) 7 Lovers (VI) Binah — Tiferet Choice Types, Decidability

18 Cheth () 8 Chariot (VII) Binah — Univalence Axiom

19 Teth (v) 9 Strength (VIII) Chesed — Higher Inductive Types

20 Yod (*) 10 Hermit (IX)  Chesed — Universe Types

21 Kaph () xkrlteuerlleOI(CX) S;te;:fh_) Recursion, Inductive Types

22 Lamed (?) 30 Justice (XT) Geburah — Propositional (Judgmental) Equality
23 Mem (n) 40 Hanged Man Geburah — Function Extensionality

24 Nun (3) 50 lsgait\h (XIID) Tiferet — Type‘: Transformation via

25 Samekh (D) 60 Temperance Tiferet — Yesod Eontraétible Types

26 Ayin (V) 70 Devil (XV) Tiferet — Hod Type Inhabitation, Truncation
27 Peh (9) 80 Tower (XVI) Netzach — Hod Type Collapse, Contradiction
28 Tzaddi (%) 90 Star (XVII) Netzach — Higher-Level Types (n-types)
29 Qoph () 100 Moon (XVIII) Netzabh — Propositional Truncation

30 Resh (1) 200 Sun (XIX) Hod _)' Yesod  Decidable Types, Verification
31 Shin (v) 300 Judgement (XX) Hod — Malkuth Type Formation Rules

32 Tav (n) 400 World (XXT) Yesod — Complete Types, Type Universe

Appendix B: The Tree of Life Diagram

Kether (1)
/ | \
/ | \
/ | \
/ | \
(11)/ (12) \(13)
/ | \
/ | \
Chokmah (2)---(14)---Binah (3)
[\ | /]

N (15) /|



(16) \ | / (17)

| \ | / |
| (18)\ | /(19) |
| \ 7/ |
Chesed (4)---(20)---Geburah (5)
\ | /
\ | /
(21) (22) (23)
\ | /
\ | /
Tiferet (6)
/ | \
/ | \
(24)  (25)  (26)
/ | \
/ | \
Netzach (7)---(27)---Hod (8)
\ | /
\ | /
(28) (30) (31)
\ | /
\ | /
Yesod (9)
|
(32)

Malkuth (10)
Appendix C: Glossary of Terms

Contractible Type: A type equivalent to the unit type; has a unique center to which all points are
connected by paths.

Dependent Type: A family of types B(x) indexed by elements x of another type A.
Empty Type (L): The type with no elements; represents logical falsity or impossibility.

Equivalence (=): A function with an inverse up to homotopy; a weaker notion than isomorphism
that is more appropriate in HoTT.

Function Extensionality: The principle that two functions are equal if they agree on all inputs.
Gematria: The Jewish mystical practice of assigning numerical values to Hebrew letters.

Higher Inductive Type: A type defined with both point constructors (elements) and path
constructors (specified equalities).

Homotopy: A continuous deformation between paths or functions.



Identity Type (x =_A y): The type of paths from x to y in type A.

Inductive Type: A type defined by its constructors, allowing for recursive definitions.
n-Type: A type with no non-trivial structure above dimension n.

Product Type (A x B): The type of pairs with first component in A and second in B.

Propositional Truncation (IAl): The operation that forgets the structure of A, remembering only
whether it's inhabited.

Sefirot: The ten emanations or attributes in Kabbalistic cosmology through which Ein Sof
manifests.

Sum Type (A + B): The disjoint union; the type of elements that are either from A or from B.
Univalence Axiom: The principle that equivalent types can be identified; (A = B) = (A = B).
Unit Type (T): The type with exactly one element; represents logical truth or trivial structure.

Universe Type: A type whose elements are themselves types; used to formalize type theory within
itself.
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